


Parcijalna integracija za odre�ene integrale

Neka su u, v : I ⊆ R→ R derivabilne funkcije, i neka je [a, b] ⊆ I . Imamo

(uv)′ = u′v + uv ′,

tj.

uv ′ = (uv)′ − u′v .

Djelujemo li na ovu jednakost sa
∫ b
a , dobivamo formulu parcijalne integracije∫ b

a
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a
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∫
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xa dx =

xa+1

a+ 1
+ C (a 6= −1)∫

dx

x
= ln |x |+ C∫
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ax dx =
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ln a
+ C (a > 0, a 6= 1)∫
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dx
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=
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arctg
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a
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ex sin x dx . Oprez! Ako ovdje stavimo u = ex , vratit ¢emo se na po£etak!

Rje²enje. I =

∫ 1

1

2

ex sin x dx =

[
u = sin x du = cos x dx
dv = ex dx v = ex

]
= ex sin x

∣∣∣∣1
1

2

−
∫ 1

1

2

ex cos x dx =

=

[
u = cos x du = − sin x dx
dv = ex dx v = ex

]
= ex sin x

∣∣∣∣1
1

2

−

(
ex cos x

∣∣∣∣1
1

2

−
∫ 1

1

2

ex (− sin x) dx

)

= ex (sin x − cos x)

∣∣∣∣1
1

2

−
∫ 1

1

2

ex sin x dx = ex (sin x − cos x)

∣∣∣∣1
1

2

− I ,

⇒ 2I = ex(sin x − cos x)

∣∣∣∣1
1

2

⇒ I =
1

2
ex(sin x − cos x)

∣∣∣∣1
1

2

=
1

2

(
e (sin 1− cos 1)− e

1

2

(
sin

1

2
− cos

1

2

))
.


